In [3] and [2], respectively, Bing proves the following two theorems. Theorem 1. A 2-sphere S in E3 is tame from complementary domain U if and only if U is 1-ULC.
Theorem 2. If S is a 2-sphere in Ez and U is a complementary domain of S then there exists a ^-dimensional F, set FQS such that UVJF is 1-ULC. Furthermore if \Xi} is a sequence of sets in S, each of which is either a tame finite graph or a tame Sierpinski curve, then F may be chosen in S-U-X",-.
The above two theorems suggest a procedure for showing that a given condition restricting the embedding of 5 implies 5 is tame from U. Namely, it may be possible to use the condition to slightly adjust a map / from a disk D into U^JF so that the new image of D lies entirely in U while /| Bd D is unaltered. The facts that f(D)C\ F is compact O-dimensional and F lies in S -\JXi may also be helpful while adjusting /.
The above technique is employed in this paper to answer in the affirmative the following question asked in [l] and [5] . Is a 2-sphere in E3 tame if it can be pierced at each arc with a tame disk? Other illustrations of this procedure may be found in [7] 1 Work on this paper supported in part by NSF Grant GP-8888.
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License or copyright restrictions may apply to redistribution; see https://www.ams.org/journal-terms-of-use Proof. Let U be a complementary domain of S. We will show that U is 1-ULC and apply Theorem 1 to conclude that 5 is tame from U. Suppose e>0, then it follows from Theorem 2 that there exists a 8 > 0 such that if/ is a map of the boundary of a disk D into a S-subset in U then/ may be extended to D so that We need the following well-known lemma from general topology. An easy proof may be obtained by showing that the space of all continuous functions from an element of Q into A is a separable metric space under the sup-norm metric. The elements of C may then be considered as points in this separable metric space. Lemma 4. If C is an uncountable collection of homeomorphic compact subsets of a separable metric space X then there exists a countable subcollection 6' of C such that if F£<3 -C' then there exists a sequence { Yi} CC-C which converges homeomorphically to Y.
Apply Lemma 4 by letting e={^4(|/E(l, 2)} and consider an
AtE&-6'. There is a sequence {Ati} E& -6' converging homeomorphically to A(; consequently, there exists an integer * such that A t and A ti are homeomorphically so close that there exists a singular annulus Bt (resulting from a homotopy) such that (6) Bd 5( = (Bd ¿AJBd Au)-S, and (7) BtENHU.
The union of At, Bt and Ati is a singular annulus which has no singularities near its boundary. Dehn's lemma [9] is applied to replace At{JBtVJAti with a nonsingular annulus Ct with the same boundary. Proof. The lemma after Theorem 4 of [6] shows that the hypothesis of Theorem 3 is satisfied.
R. J. Daverman has recently weakened the hypothesis of Theorem 5 to include the case where S can be pierced at each arc with a singular disk and each arc of 5 is tame.
